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AbstrAct
Purpose: Corrosion of reinforcement in concrete is one of the main causes of structural deterioration. The cracking 
process of concrete matrix induced by corrosion swelling of rebars is analyzed numerically and experimentally 
with aim to propose a methodology of corroding state monitoring based on the crack opening width.
Design/methodology/approach: The direct finite element simulation of the initiation and propagation of 
macro-cracks in concrete caused by steel corrosion are performed for the representative volume element. A 
range of various inelastic constitutive equations for concrete is used in modeling. Of these the damage models 
in elastic media, the holonomic theory of plasticity, the associated and non-associated flow theory of plasticity 
with Drucker-Prager and CAP yield surfaces are considered.
Findings: The results allow establishing the phases of crack initiation and propagation, the shape and trajectory 
of cracks.
Research limitations/implications: Analysis shows that application of the linear elastic model of concrete in 
general underestimate the values of local stress and strain at the crack initiation location.
Practical implications: Based on results of investigation the recommendations may be suggested aimed at 
assessment of necessary thickness of the concrete cover; apart from that, the technique of in-service monitoring 
the reinforcement condition may be further defined.
Originality/value: The original methodology of corroding rebar state monitoring based on the surface crack 
opening has been proposed. The obtained results and suggested approaches can be interesting for researchers 
working in the areas of mechanics of materials, computational mechanics and civil engineers.
Keywords: Corrosion; Concrete; Fracture mechanics; Crack propagation
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1. Introduction 

 
Development of non-destructive methods of rebar corrosion 

control in a reinforced concrete is essentially important for a 

practice. Of the known approaches the most prospective are 
regarded those based on examination of the surface protective 
layer of the reinforced concrete [1-4]. The oxides generated during 
active corrosion of steel bars induce a pressure on the surrounding 
concrete, which leads to crack initiation at the bar surfaces and 

1.  Introduction

then at the outer surface of cover. Vasiliev in [3] suggested a 
correlation between the outer crack opening and the volume of 
corrosion products as a base of control method; further it was 
developed in [4]. However, in these analyses concrete matrix was 
assumed a linear elastic media; also, the beam theory was applied. 

In present study a two-dimensional finite element (FE) 
analysis of a concrete cracking under reinforcement corrosion is 
carried out. The analysis is aimed at evaluation of the existing 
approximate approaches [3, 4] and at further development of the 
crack growth prediction due the corrosion products expansion on 
the reinforcement. By applying direct mathematical modeling the 
process of corrosive swell stressing and failure of concrete matrix 
is examined considering the non-linear mechanical behavior of 
concrete and crack initiation and propagation stages. The results 
of investigation allow to suggest the principal mechanisms of 
cracking and the failure scenario and also to define the shape and 
trajectory of cracks. Apart from that, based on the present results 
the necessary concrete cover thickness may be recommended and 
technique of reinforcement damage control by the surface crack 
opening assessment may be developed. 
 
 

2. The problem formulation 
 

A reinforced concrete structural component behavior caused by 
expansion of corrosion products was modeled by a plate with periodical 
holes corresponding to the component cross-section. The model, single 
cell of the holed plate (Fig. 1), was assumed in the plane strain condition 
loaded by the internal uniform pressure p, applied along the hole 
circumference to simulate the corrosion products swell. As shown in [5] 
the volume of corrosive material is about 2.0-2.5 times of the reduction 
of the bar cross-section; respectively, high pressure on the concrete is 
generated resulting in origination of cracks and their propagation 
through the concrete cover. 

The single cell dimensions are (Fig. 1 b): RHRWRc 10,5, , 
R = 8 mm; the boundary conditions of the cell conform the symmetry 
and periodicity, as shown in Fig. 1 b. 

In the first phase of investigation the concrete media was assumed 
free of macro-cracks. The analysis provided evaluation of the potential 
crack initiation locations and the critical pressure necessary to initiate 
cracks at the hole. Further, the crack system growth was assessed; it was 
found also, that along with the increasing pressure the new cracks were 
generated at the free surface of cover and extended towards the hole. 

The reliability of results was tested by multi-model and multi-
variant analyses in which the inelastic behavior of concrete was 
simulated using several constitutive models. 

The alternative approaches are considered in [6-10]. 
 
 

3. Modelling inelastic behavior of 
concrete 
 

Several material models were applied in analyses: successively, 
concrete was assumed first the linear elastic media; further, it was 

considered holonomic theory of plasticity and flow theory of 
plasticity with various hardening laws. Also, the elasto-damage model 
was applied based on the continuum damage mechanics concept. 

When elasto-plastic behavior was considered, the Drucker-Prager 
criteria were applied with linear and nonlinear envelope [11], different 
for compression and tension meridians of the yield surface, together 
with CAP model [12] ensuring the closed yield surfaces. 

The plasticity criterion for the CAP model attributed to the three-
invariant class is the generalization of the Drucker-Prager criterion by 
considering the J3 invariant and double-sided truncation of conical 
surface by elliptic CAP at tension and compression. The criterion is 
written as follows: 
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In equations (1)-(5) ,,,,,, 0 tc RRKA  are material 

constants, function )( p
ik  is defined by the tensile diagram, and 

(...)H  is the Heavyside’s function. 
The yield surface (1) is composed of three parts: conical and 

two ellipsoidal components. When truncation of the conical 
component may be neglected (on assumption 1)()( 11 IYIY tc ), 
equation (1) can be simplified as: 
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Further, if the sensitivity of the criterion (1) to the stress 
state may be insignificant ( 1),( 32 JJ ) and the envelope of 
conical surface is a linear one ( 0A ), then (1) yields to the 
Drucker-Prager criterion: 
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In the following analyses several approximations of the 
concrete tensile diagram were applied shown in Fig. 2: bilinear 
approximation (1), three-linear (2), parabolic (6), polynomial of 
the 3, 4 and 5 order (3, 4, 5), Eurocode approximation (7) in the 

form 
)2(1

2

k
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t
bb REk  are dimensionless stress, strain, secant 

stiffness and last approximation (8) representing combination of 
power and fractionary-rational functions in the form 

1,
1312.0

1,2.02.1

7.1

6

t
pick

, suggested by Tuhr and 

Rack [13]. 
 

A series of uniaxial compression and tensile tests of cylindrical 
and prismatic concrete specimens was carried out to identify material 
characteristics. Also, plate specimens were tested at plane stress 
conditions and respective diagrams were recorded. Based on the test 
results, the following values of ultimate strength of concrete were 
obtained, bR = 18.5 MPa and t

bR = 1.55 MPa, for compression 
and tension, respectively. 
 
 

4. Crack initiation 
 

First, potential locations of crack initiation and the pressure 
necessary for cracks to propagate were obtained. For the criterion of 
crack initiation was selected condition when the maximum 
principal strain would reach the value corresponding peak stress 
in tensile diagram. Fig. 3 shows the results of computations with 

application of different material models. It can be seen the high 
sensitivity of stress field to selection of the material model; it is 
seen also that using the linear elastic model of material essentially 
underestimates the area affected by the stress raise. 

Fig. 4 presents maximum principal strain 1 , depending on 
the corrosion pressure p, for various material models. Again, at a 
given pressure application of elastic model of material results, in 
general, in smaller strain than it is found with the elasto-plastic 
models. The difference between critical pressures obtained in 
elastic solution and elasto-plastic solution with CAP is more 30%. 
 
 

5. Multiple cracks propagation 
 

The following part of investigation was focused on analysis of 
extension of the system of curvilinear cracks. The crack growth 
was modeled in the step-wise sequence with automated definition 
of the extension step and direction based on the maximum 
tangential stress criterion. The extension process was assumed 
composed of several phases: initiation and growth of “horizontal” 
cracks (length a) slightly inclined with respect to the free surface 
of component (Figs. 5, a, b); birth of “vertical” crack at the free 
outer surface (Figs. 5, c, d); simultaneous growth of “horizontal” 
and “vertical” cracks (Figs. 5, e, f); “vertical” crack deceleration 
(Figs.5, g, h) and further fragmentation or delamination of the 
concrete cover. 

Comparison of results of analyses where the elastic or elasto-
plastic material behavior was suggested reveals significant 
difference of the pressure values necessary to initiate a 
“horizontal” crack (Fig. 4), of the crack sizes corresponding to the 
above growth phases (Fig. 5) and in the respective stress and 
strain fields as well (Fig. 6). 
 

 

 
 

Fig. 1. Mechanical model of typical reinforced concrete structure a) and FE-model of a representative single cell b) 
 

4.  crack initiation

5.  Multiple cracks propagation

 
 

Fig. 2. Approximations of the concrete deformation diagram under tension 
 

 
 

Fig. 3. Field distribution of maximum principal stress 1, at p = 2 MPa, corresponding to different models of material behavior 
 

 
 

Fig. 4. Dependence of maximum principal strain 1 on the corrosion pressure p, corresponding to different models of material behavior 
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Fig. 5. Comparison of crack propagation for two material models: linear elastic (left) and elasto-plastic with Drucker-Prager criterion 
(right). a is the length of horizontal crack. Displacements are magnified 100 times for obviousness 

 

6. Correlation between crack opening 
and corrosion degree 

 
 
The present results are intended to assist in quantifying the 

service and residual life of concrete structures. Reinforcement 
damage can be evaluated by the opening of longitudinal crack 
along the rebar (see the vertical cracks in Figs. 5-7). 

A simple analytical evaluation for the loss in steel cross-section 
due to corrosion on the base of the longitudinal crack opening has 
been proposed in [3]: 

h
l

8
, (8) 

where  is the corrosion expansion (radial loss or attack penetration in 
the rebar, see Fig. 7 for details),  is the crack width (vertical crack 
opening, see Fig. 7), h is a distance of horizontal crack start point 
from the free surface (Fig. 7), l is a distance between crack tips of two 
horizontal cracks (Fig. 7). 

Expressions for parameters h and l, characterizing horizontal 
cracks, have been obtained in [4] for the linear elastic undamaged 
material and the beam approximation of the concrete cover  upper 
horizontal cracks. In this case h and l are determined only by the 
rebar radius R and the cover thickness c: 
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The aim of present investigations is to evaluate and to improve 

relations (8)-(10) by means of taking into account an inelastic material 
behavior and an applying of two-dimensional FE model for analysis. 
Numerical solutions are obtained for the two case of corrosion 
loading. Variants with the given uniform pressure p and with the 
given uniform dilatation � are considered. 

The results of numerical analysis in a form of dependency of the 
radial loss  on the crack opening  are presented in Fig. 8. 
Comparison of the results shows satisfied agreement between the 
prediction by (8) and linear elastic FE solution with the given 
dilatation . The plastic solution with Drucker-Prager criterion 

demonstrates nonlinear dependence of the radial loss on the crack 
opening. In the last case the attack penetration  increases in 
comparison with elastic solution under the same crack opening . 

The obtained numerical results demonstrate a satisfactory 
agreement with experimental data [14, 15], where it was shown, that 
the radius losses of 15-50 m are necessary to generate the crack 
width of ~50 m (see Fig. 8). 

The case with corrosion simulation by uniform pressure p has 
been also considered with aim to obtain the lower boundary for . 
A dependence of the radial loss on the corrosion pressure 
is presented in Fig. 9 for the linear and non-linear cases. 
The comparison of the solution for the given corrosion pressure p 
with the solution for the given radial loss  are presented in Fig. 10. 
The contact between flanks of the vertical crack is taken into 
consideration in the case of the given pressure because of its 
considerable influence on results. Both the elastic and the elasto-
plastic solutions with the given dilatation demonstrate more stiff 
behavior then solutions with given corrosion pressure. 

 
 

 
 

Fig. 6. Field distribution of maximum principal strain 1: ) linear elastic material, b) elasto-plastic material with Drucker-Prager criterion 
 
 

 
 

Fig. 7. Geometrical parameters, characterizing of concrete cover cracking 
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Fig. 8. Corrosion expansion versus crack opening 
 

 
 

Fig. 9. Corrosion expansion versus corrosion pressure 
 

 
 

Fig. 10. Comparison of solutions with the given corrosion pressure p and with the given dilatation  

7. Conclusions 
 

The process of corrosion driven cracking in concrete 
reinforced structures is simulated by applying the FE modeling. 
The results allow establishing the phases of crack initiation and 
propagation, the shape and trajectory of cracks. Also, the above 
analysis shows that application of the linear elastic model of 
concrete in general underestimate the values of local stress and 
strain at the crack initiation location. 

Based on results of investigation the recommendations may 
be suggested aimed at assessment of necessary thickness of the 
concrete cover; apart from that, the technique of in-service 
monitoring the reinforcement condition may be further defined. 
 
 

Acknowledgements 
 

The authors are grateful to B.Melnikov and S.Petinov for 
discussions on this topic. The study was supported by the Russian 
Foundation for Basic Research, Project 09-01-00506- . 
 
 

References 
 
[1] L. Bertolini, B. Elsener, P. Pedeferri, R.B. Polder, Corrosion 

of Steel in Concrete, Wiley, Weinheim, 2004. 
[2] S. Ahmad. Reinforcement corrosion in concrete structures, 

its monitoring and service life prediction-a review, Cement 
and Concrete Composites 25/4-5 (2003) 459-471. 

[3] A.I. Vasiliev, Evaluation of the rebar corrosive wear in 
bridge beam structures, Concrete and Reinforced Concrete  
2 (2000) 20-23 (in Russian). 

[4] A.V. Benin, N.I. Nevzorov, The protective layer crack 
opening-based assessment of the rebar corrosive wear in 
reinforced concrete structures, Structural Mechanics in Civil 
Engineering 3 (2007) 48-52 (in Russian). 

[5] S.N. Alekseev, Corrosion and protection of reinforcement in 
concrete, Moscow, Gosstroiizdat, 1962, (in Russian). 

[6] P.J. Sánchez, A.E. Huespe, J. Oliver, S. Toro, Mesoscopic 
model to simulate the mechanical behavior of reinforced 
concrete members affected by corrosion, International 
Journal of Solids and Structures 47 (2010) 559-570. 

[7] Y.G. Du, A.H.C. Chan, L.A. Clark, Finite element analysis 
of the effects of radial expansion of corroded reinforcement, 
Computers and Structures 84 (2006) 917-929. 

[8] K. Toongoenthong, K. Maekawa, Simulation of coupled 
corrosive product formation, migration into crack and 
propagation in reinforced concrete sections, Journal of 
Advanced Concrete Technology 3 (2005) 253-265. 

[9] K. Lundgren, Modelling the effect of corrosion on bond in 
reinforced concrete, Magazine of Concrete Research  
54 (2002) 165-173. 

[10] D.V. Val, L. Chernin, M.G. Stewart, Experimental and 
numerical investigation of corrosion-induced cover cracking 
in reinforced concrete structures, Journal of Structural 
Engineering 135 (2009) 376-385. 

[11] T. Dede, Y. Ayvaz, Comparative study of plasticity models 
for concrete material by using different criteria including 
Hsieh-Ting-Chen criterion, Materials and Design 31 (2010) 
1482-1489. 

[12] L.E. Schwer, Y.D. Murry, A three-invariant smooth CAP 
model with mixed hardening, International Journal for 
Numerical and Analytical Methods in Geomechanics 18 
(1994) 657-688. 

[13] V.V. Tuhr, N.A. Rack, Mechanical properties of concrete 
for structural analysis. Brest, Brest State TU, 2003  
(in Russian). 

[14] C. Andrade, C. Alonso, F.J. Molina, Cover cracking as a 
function of bar corrosion: Part I-experimental test, Materials 
and Structures 26 (1993) 453-464. 

[15] T. Vidal, A. Castel, R. Francois, Analyzing crack width to 
predict corrosion in reinforced concrete, Cement and 
Concrete Research 34 (2004) 165-174. 

http://www.journalamme.org
http://www.journalamme.org
http://www.journalamme.org
http://www.journalamme.org


175

Analysis and modelling

Modelling of fracture process in concrete reinforced structures under steel corrosion 

 
 

Fig. 8. Corrosion expansion versus crack opening 
 

 
 

Fig. 9. Corrosion expansion versus corrosion pressure 
 

 
 

Fig. 10. Comparison of solutions with the given corrosion pressure p and with the given dilatation  

7. Conclusions 
 

The process of corrosion driven cracking in concrete 
reinforced structures is simulated by applying the FE modeling. 
The results allow establishing the phases of crack initiation and 
propagation, the shape and trajectory of cracks. Also, the above 
analysis shows that application of the linear elastic model of 
concrete in general underestimate the values of local stress and 
strain at the crack initiation location. 

Based on results of investigation the recommendations may 
be suggested aimed at assessment of necessary thickness of the 
concrete cover; apart from that, the technique of in-service 
monitoring the reinforcement condition may be further defined. 
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